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∀
ε>0

∃
M∈N

∀
m,n>M

: d(am, g) <
ε
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∧ d(an, g) <
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2
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∃
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∀
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5.g;H
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KM:6@�D*Y=9ns^le9;:=< Û�H�U.Y`_q>(%|:=leN.a�DFN\KM:=@MD*7 v 9C:6r6Wq>�d��bHZDB:6< XjH�r65]>{7�Y69;s$le¤QP {akn} KM:6@�D�7 v 9;:=r6Wq> ã H)DFN
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WhHLK�P�H�r6W89;:[KM@M76:\SÅH�XqDy>��
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λ ∈ R 7JH�Y`_.N$5.7=9°�
¬ d + : RN ·RN → RN : (x + y)k = xk + yk ã
¯ d · : R× RN : (λx)k = λxk
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∀
ε>0

∃
M∈N

∀
m>M

: d(ym, xn) < ε,

H�Pc9;4=Y
∀
ε>0

∃
a∈A

d(a, xn) < ε

zõ:6ö6<�>�DB:6GFHZ7
ε = 1

n

9&N$5.m�NLPc9C:65.W89;N�5.N�DB:6leN
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D`H�X¼a v >�7JH�Y`_.N$5.7=9Åx�N
d(an, xn) < 1

n

d
�bH�Y`_.N$5.7=9°�

0 ¬ d(an, g) ¬ d(an, xn) + d(xn, g) <
1
n

+ d(xn, g);

m.GBHQP�H®@MDBGBNeWhH\5hs�rt>'5.N\76:=GFH®le58>
n→∞ i 1

n

Pc9nHZ5.Ne<ON.aZ76H�f
d(xn, g) n→∞−→ 0

7c76H$x�Ner=:6W.9;H o d�bHZDB:6<òGM¤QPcW.9;:=r
d(an, g) n→∞−→ 0

ahH�DBN�7=WhH�Y67t>ea¼r6:
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Ì¼ÆÅÃÏô

A = {x ∈ RN : ∀
ε>0

K(x, ε) ∩ A 6= ∅}

i DB76Wbd^5.N�5.Ne<OX$W89;46Y=9nH®WhH�gC:6r6s\DB:�m.U8W.XqDy>
x
a^r6:�m.GM76:6Y=9;4=Y69;:�X^U.g;9hN�fBGBN$5.X^U�P

x
9h5.NQP�NegCW.9;:�<�H$xn>$<

m.GBN�<�9C:6W.9CUu76:\7 v 9;NeGM:6< A
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B
dc�e:=r6:=g;9

x ∈ B
awDFN v 9CNeGFsZY ε = 1

n76WhHQKM5.769C:6<?>
xn ∈ K(x, 1

n
)∩A d8��N)76WhH�Y=7=>�a.r6:

xn ∈ A
N�GFH�7�r=:

d(xn, x) < 1
n

a]Y67=>$gC9
xn

n→∞−→ x
d
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�Ý5.GBU.l�9;:[Kc@MDFGMNeWq>eaqKM:6fBgC9
x ∈ A a�DBN�P 5.NQP�NegCW.9;:�<�H$x�:yK�X^U.g;9

K(x, ε)
NufMGBN$5.X^U P

x
76HJP�H�G�DF:

@FsIm.GFHJPc9;:
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9cleGBH�W.9CY=>
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A
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x ∈ B d]��HZX�Pc9;4=Y

x ∈ A =⇒ x ∈ B ahY=7=>$g;9
A ⊂ B

d
é v H'DB:®P�H�GMU.W.X^9�76WhHZY67Js]ahr6:

A = B
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x
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K(x, ε) ⊂ O d
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∀
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∃
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ε = r − d(x, y) > 0

dh£*gnH�5.NQPÏNeg;W.:=leN
z ∈ K(y, ε)

<�H�<?>��
d(z, x) ¬ d(z, y) + d(y, x) < ε + d(y, x) = r

Y6N)7=WhH�Y67t>ea¼r6:
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xn ∈ O).

z DF:=58>
x
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∀
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) 6⊂ O dK�bHZDB:6< 9C@MDBW.9;:yKM:)DFH�X^9"Y69ns^l {xn} a�r6:
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